INTRODUCTION
In [2] some partial differential equations are studied which involve singular coefficients. A variational approach to such problems requires the use of the Sobolev's Embedding in Lorentz Spaces and some compactness properties like those introduced by P. L. Lions in [4] - [7] or those stated 320 S. SOLIMINI in [11] . The methods in [4] - [7] cover this case, which is in fact treated in [7, II4] Any further comment will be postponed after a preliminary explanation of the notions about Lorentz Spaces and of the notation that the reader will be supposed to know. This will be done in the first section in which the above mentioned compactness properties will also be specified. We shall give them in three equivalent statements: an alternative theorem (Theorem 1) which states that a bounded sequence in the Sobolev Space must be infinitesimal in the Lorentz Space or it can reach a nonzero weak limit modulo a suitable change of scale of every term, a structure theorem (Theorem 2) which shows how such a sequence can be approximated and a compact embedding theorem (Theorem 3) which characterizes with properties related to the changes of scale the bounded subsets of the Sobolev Space which are embedded as precompact subsets in the Lorentz Space.
The second section will be devoted to the proof of the theorems.
In the third section we shall mention the particular cases in which the conclusions can be furtherly specified and we shall show the counterexample for the optimal case.
For new applications we refer the reader to [2] , however we point out once more that they could already be treated with the methods in [7] . The (6) and (7), we see that we can find a point zn in Xn such that c, which trivially implies that
We finally fix the translation part of the rescalings pn in such a way to have zn = 0 for every n, then (8) shows that the sequence has only nonzero weak limit points..
Remark. -Note that only an estimate on the weak LP-norm of 8 R is necessary for (7) . So (One just has to take as the appropriate dual function of CPi with respect to the LS structure, namely 03C8i = |03C6i|s-203C6i, and to prove, for any subset J of N and for any integer n, the analogous of (13)-(14) (for a = 2) as the first inequality in (19) and finally of (15), namely which gives the last inequality in (19).)
Note that the analogous of (3) or of (16) 
